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In order to obtain for the entire functions of infinite order
some results like those theorems that I have stated for the finite
crier r'] it has been necessary for me to impreve the orders of Ling-
-Lai Hiong [1], i.e. to medify the properbies ef the funetion W(r)

that I utilized in my previous report.
Now I suppose that the funetiens ¥W(r) verify the fellowing

econditions.

1? log W(r) is an inereasing convex functien of log r
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From these coniditions it follows
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where k is a fixed natural mimber.
Tt 1g evident that any function W(r) which verifies the Tore=

gaid conditions also verifies the conditions of King-Lai Hiong. The-




refore by means of this function W(r) we may define the space 3, as in
the previcus report.
On the other hand it can be prove&' that for any entire function
F(z) of infinite order there exists at Yeast one & funetion W(r) which
satisfies the foresaid conditions and suech that
logoii(r, F)

0<1lim sup < oo
log W(r)

where leggx = log log X.

Hence for any entire function F(z) of infinite order there exisss
at Weast one space S, and a peint p of this space such that F(z) belengs
tec the elass corresponding to p.

Given a space 5, we shall say that p&A if in the class corres-
ponding to p there is a F(z) sueh that '

. log n(r,1/F) 1ag9‘n€(r,F)
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where, follewing Nevanlinna,n(r,1/F) 1s the number of zeros of F(z) in
the cirele |z| < _
The set B is the complement of A, il.eB = S;= A. Now We- can

state: .
i

Theorem III.- The set B is an open ani dense set in 8,4

-

Theorem IVe~ Tvery peint of A is an isolated point ef A.

Really the proof of thecrem III gives a more precise regult of
which theorem II?£ is a corellary. This preeise result 1s an improvement
of a elassie theorem. Besiaegﬂﬁﬁe new properties of the functions ¥W(¥)
theorem III follows from a theeorem of Rauch [2:_[ whiech dces not huppen

with the former properties.



Hitherto I have been unable to prove the following theorem, which I
think is true.
ir

7(z) = Zanzn

is an entire funection corresponiing teo a pesl there exists a sequence

{%% of netural numbers such that if 5n= -1 when néfnk% and fn= 1

when n %{nkj then
Fl(z) = ‘;gfnan;n

belongs to a class correspoending to a BGB of Sl

In the next guarter my main objective will be to try to prove
this theorem which I think is interesting.
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