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Before finishing the first part of this researech I ghall
state a result of s difTerent kind but which can be proved by almost
the same method as the prevéous theorems. But to state it I have to
give gome definitions

Let
(1} f(s«) = %_\ bnz

be a convergent sgeries in the eirele |z]| <1l. If

log .:..I‘f ( Ty £)
liw sup = >1
r>1 <log(l-r)

there exists a funetion V{r) such that

‘ logyi (ry ) i
1linm sup e = 1 I
N r=>1 log V(r)

ani moreover such that if we write
Vi{~log(l-r)) = V(r)

the funetien V,(F) will have very similar properties to those of W(r?




(second report of the contract N62558-4161)e
Therefore, given a function V(r) with the just mentioned pro-

perties we can consider the space 3&:‘,??‘ formed by all the functions (1)

o
helomorphic, | 2] <'1 end such that

10g$;‘{(r', f‘}
lim sup == = 1
r—>1  log V{r)

logJi(r, T < (1+2(r)) log V(m)

where F(r) = EQ’ lbnl " and where t({r) >0 and t(r) —> O 2s =em r —> L.
Horesover I su‘;s;cse that the topslogy of Ev,t. is the compact spen to-
pelezyy, l.2., the topclogy of the uniform convergence on the compact
setss« Then I have proved thet Ev,t, is of szcond category.

Let H be the gset of 21l those eslements of the space Ev,t which
ean be comtimued smalytienlly cutsids |z]< 1, and Ket H® be the come
plenent of H with reapect to Mv’ ¥ then we can state the following

theoren,

THRORMM XVITI.- HC /A , where A 1s 8 F -set of £irst cabegory

and > /\'y where /' iz 2 dense G ~set of second cateZorye :
- This result reminds us of some thecrems of Polya [1] J bl;ll:t. Polya'’s

results use smother space and another topology.

In this guarter I have begun to work on the second paert of the
researcis )

I shall eonsider again an entire funetion F(z) = § a 2" of?
{nfinite order and Z=t ¥(r) be a funciion with the properties defined

L}

in the second report of the contract ¥62558-4161, ani such that



logM(ryF) ~

(2) lim sup
: > o2 log W(r)

It is very easy to prove that

log M(r, t)
1lim sup BT QF = 1
P—o  log Wir)

where Jelr) = X EN e
a
Hence thege exists a funetion t(r)(t{r) >0 and t(r) —> 0 as
r —> o) such that the family € of the funetions

E fanzn

verifies SCSw’t, vhere Sw,t is the space fdefined in the fourth report
of the contract N62558-4161.

Littlewood and ¢fford suppose that F(z) is of finite order
and with the aid of Redemacher's funetions obtain a one-to-one corres-
pondenece hetween the set %D’ o< 0«1, UO# k2™, where k and n are
any natural numbers } and a subset of S.

We suppose that F(z) is of infinite order and I shall consider
a glightly different corresponiences " =

" Let B be the interval O (< 1 and we consider the sét 28

fermed of all the elements of ﬁo such that I.‘

o= (k+ 127"

where k ie any non-negative entire and n is any natural number. Then

I represent by )‘3 .the complement of ﬁ with respect to }3’0 « With these
4

notations it follows that for every g < ﬁa the funection

= n e
F(zy 0) = ;rn(cr)%z &8 (for @ 0,1)
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where { rn(a' ) JE are Rademacher's functions.
On the other hand 1f 0 & ﬁf we shall have

F(Zgo—“"‘ C) -_—ZT
o

WO+ O)anznes

)
F(zy 0= 0) = X r, (U~ Olaz’cs
0

and
P(zy O+ Q) # ¥(zy, 0 = 0)e
Now I write
§'=U<J+ 0, g=()oro
oes =g,
and

/ ' I
.}3 - f_?g u ﬁ, 4 u ﬁ |
Tvidently ﬂ ean be put into one-to-one corresponience with the in-

terval 0 < (<1 in whieh instead of the points of the form
(3) O = (2k+ 1270

we consider 0 +0 ani 0~0, m i.e. the point of the form (3) is coun-
ted twice. Hence if for (7'65)% I write 0+0> 0 =0 I ghall haﬁg,\steiteﬂ
a total order for S . e |

N If we suppose }3 with the order topology and S with 1;}'ze topo-
lcw‘frelativiz_ation of that of Sw,t to 8 it is easy to state.

THEOREM XILX.= ZThe gpaces )3 and S are homeomorph and g:0—>
™z, U) is_2 homeomorphisme

On the other hend if F is any entire function which verifies
(2) and if ’/L(r) and ) (r) are defined by




ﬁﬂr)=laﬂrﬂ -mw:@aﬁr

then we can state:

LEMMA Le= If k> ()0 ana g x(log k71
%nqlant P (10 (r) VK2 ()
_ 1 o(1)
where B = r(1 + 0L(r)) 2nd O( () =( T550Try

COROLLATY OF LTNMMA l.-

P T (r) £ M) () yiietd)

1)
then

The lemma ani the eorcllary are 2 translation t¢ infinite or-

der of two results of Littlewocod and Offcrd [2,lemma 1 and corollary]

However I have used the corollary iniepeniently in some of my previous

paperse.
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